In this paper, cables are proposed to connect the inerter and main frame for translation-to-rotation conversion, i.e., the cable-bracing inerter system (CBIS), with a magnified mass and enhanced damping effect. This novel configuration has the benefits of deformation relaxation at the connecting joints, easy installation, and an adaptive layout for nonconsecutive-story deployment. Dynamic motion equations were established for a single degree-of-freedom (SDOF) model equipped with a CBIS. The influence of dimensionless parameters, such as inertance-mass ratio, stiffness ratio and additional damping ratio on vibration mitigation were studied in terms of displacement response and force output. A single objective and multiple objective optimal design method were developed for a CBIS-equipped structure based on a performance-oriented design framework. Finally, the mitigation effect was illustrated and verified by a numerical simulation in a time-domain. The results showed that a CBIS is an effective structural response mitigation device used to mitigate the response of structural systems under earthquake excitation. Using the proposed optimization method, CBIS parameters can be effectively designed to satisfy the target vibration control level.
Introduction
To suppress the structural vibration induced by earthquakes or winds, various vibration control devices have been developed and widely applied [1] [2] [3] . Among them, the tuned mass damper (TMD) [4] has the simplest design and a concise vibration control mechanism, which consists of three classical mechanical components, namely mass elements, springs, and dampers. With the addition of a lumped mass in a TMD, the fundamental frequency of the main frame is tuned away from the dominating frequency range of the excitation. Part of the input energy is stored by the lumped mass in the form of kinetic energy, eventually dissipated by the dampers [5, 6] . The spring and damper are typical two-terminal elements in the structure, and their output restoring force and damping force depends on the relative displacement and relative velocity between two terminals, respectively. On the other hand, the lumped mass suspended in the TMD [7] is a one-terminal element, and its inertia force exerted on the bearing frame is the product of its absolute acceleration and mass. To control seismic response effectively, the weight of TMDs contributes a significant portion of the entire structure, which demands additional bearing capacity of the main structure. For example, a 660-ton TMD was installed at the top of the Taipei 101 Building in Taiwan, China, whose weight is 0.4 percent of the primary structure, taking up nearly two stories of space for installation. The requests for extra space and the weight burden of the TMDs bring practical problems in real applications. Due to space constraints, an active mass damper [8] was installed in a tall TV tower in Nanjing, China to reduce its wind-induced response to replace the original plan of TMDs. An active mass damper has a smaller mass than a TMD, but it requires higher investment and maintenance costs.
To minimize the weight and dimension of a damper, an innovative inerter [9] [10] [11] [12] [13] [14] for civil structures has been developed. For the same performance target, the required physical mass of the inerter is much smaller than that of the conventional TMD [12, 15, 16] . For the apparent mass to be much greater than its actual mass, a displacement amplification mechanism must be used, such as the rotation mechanism. The concept of inerter, a two-terminal inertial element, was initially introduced by Smith [17] in the early 2000s. The inertial force produced by an inerter is proportional to the relative acceleration between two terminals, which allows the inerter to utilize the acceleration difference between the adjacent floors for vibration mitigation. Another distinguishing feature is the mass amplification effect of inerters [9, 18] . The inertance with the apparent mass can be several hundred times greater than its physical mass. An inerter behaves as a tuning element for absorbing vibration energy much like a lumped mass in a TMD does. The topology of an inerter system consists of three basic mechanical elements-the inerter, damping, and spring elements. The damping efficiency in the inerter system can be significantly enhanced by using the rotational amplifier compared to the traditional viscous dampers [17] [18] [19] .
In civil engineering, a similar concept as inerters had been practiced independently in 1999, Arakaki et al. [20] used the ball screw mechanism to amplify the efficient output force of a viscous damper for suppressing vibrations induced by earthquakes. This was the first application of an inerter-based damper in civil engineering. Since then, various inerter-based devices have been developed, including tuned viscous mass dampers (TVMD) [9, 21] , tuned mass-damper-inerter systems (TMDI) [12] , tuned inerter dampers (TIDs) [22] , and so on. These inerter-based devices use rack pinion [22] [23] [24] , ball screw [9, 25] , hydraulic [26] [27] [28] and electromagnetic [29] [30] [31] mechanisms to convert translational movement into rotational movement.
To establish an efficient and practical design method for structures with inerter systems, some theoretical analyses were carried out in the present study. Ikago et al. [9] derived a simple formula for optimal design of TVMD based on the fixed-point theory, which can be used as a design method in practice. Taking the inherent damping ability of a single degree-of-freedom (SDOF) structure into consideration, Pan et al. [32, 33] proposed a demand-based optimal design method for a parallel-layout inerter system to satisfy performance demands with minimum control costs. Zhang et al. [34] investigated the impact of the mechanical layout of inerter systems on seismic-response mitigation of liquid-storage tanks, and Chen et al. [35] explored the influence of soil-structure interaction on structures equipped with an inerter system. After these designing measures were undertaken in the engineering applications, some novel inerter-based devices were developed.
Researchers had different approaches to equipping structures with these inerter-based devices. Hwang et al. [36] presented a ball-screw inerter system connected with a toggle brace to magnify the relative displacement between adjacent floors and showed that their system could be utilized effectively in structures even when the drift was small. Makris et al. [23] presented a rack-pinion-flywheel system supported by an infinitely stiff chevron frame and demonstrated that this system was particularly effective in suppressing the peak displacement of structures over long periods of time. Sugimura et al. [31] installed the TVMD system in a building in Tohoku, Japan. This building has seismic response control systems to upgrade the seismic safety of structures and facilities in the Tohoku building. It has traditional viscous dampers supporting the lower floors and the TVMD system supporting the upper floors. The TVMD was fixed between the adjacent floors using a support member with a relevant stiffness like steel. These braces can transmit bending moments, shear, and torque, and are sensitive to displacement at boundaries, which may induce the non-negligible moment and deformation at the TVMD terminals. Ball joints were used to release the deformation which could Appl. Sci. 2019, 9, 4096 3 of 17 have induced the unwanted internal moment and torque in the brace. Cable bracing is the alternative method to ball joints for connecting inerters, since cables can only bear the axial tension force and release deformation other than the axial direction.
Tension-only cables are an important element in the seismic control systems and are mainly used to transmit control forces and to direct deformation from the main structure to energy dissipating devices. Samuel [37] uses cables to prevent progressive collapse of buildings. Kim et al. [38] proposed a rotational friction damper connected to tension-only braces to enhance the seismic resisting capacity of existing structures. Kurata et al. [39] developed a bracing system consisting of cables and a central energy dissipator. The tension-only cable design can increase the speed of construction by adopting simple connections with rapid installation features.
In this paper, we propose to use a pair of tension-only cables to transfer the story drift to the rotating flywheels, i.e., the cable-bracing inerter system (CBIS). Section 2 will introduce the concept of CBIS and establish the motion governing equation for a CBIS-equipped SDOF system excited by the ground motion. The frequency response functions of displacement and force output are derived for characteristic study. In Section 3, a parametric analysis is conducted to study the effects of CBIS parameters on structural seismic mitigation. In addition, a performance-based multi-objective H 2 norm optimum design method is proposed to design the CBIS. Design cases are carried out to illustrate the effects of CBIS and the effectiveness of the proposed design method. Section 4 draws the conclusions. These theoretical studies will lay the foundation for future experimental study.
Theoretical Analysis of a Cable-Bracing Inerter System

CBIS Concept
Cable bracing is the proposed mechanism of translation-to-rotation conversion for an inerter connected to a structure. Figure 1 shows an SDOF structure with a CBIS, which consists of a pair of bracing cables, a pair of conductor plates (flywheels), and a shaft. A pair of cables is pre-tensioned connecting the structural frame and the shaft diagonally. Both ends of the shaft are supported by a pair of shaft bearings mounted on the side plates fixed on the ground floor, making sure that only the shaft rotates. When inter-story drift occurs in structures, one of the cables will shorten and drive the shaft into rotation. The low-speed translational movement of the structure can be converted into a high-speed rotational motion of the conductor plates by cable bracing.
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CBIS Concept
Conductor plates are fixed on the shaft and rotate together; meanwhile, several magnets with alternating magnetic polarization are allocated on the fixed side plate to generate the electromagnetic field. The rotational conductor plates and shaft function as an inerter. The fixed side plate and conductor plate form one eddy current damper when the rotation conductor plate is cutting through the electromagnetic field, thereby dissipating the vibration energy in the form of heat. As a result, the novel cable-bracing inerter system presented herein can obtain its inertance and enhance the energy dissipation capacity via the additional damping provided by the eddy current damping. Compared to the classic ball-screw mechanism of an inerter, CBIS is cost-effective and very simple. Conductor plates are fixed on the shaft and rotate together; meanwhile, several magnets with alternating magnetic polarization are allocated on the fixed side plate to generate the electromagnetic field. The rotational conductor plates and shaft function as an inerter. The fixed side plate and conductor plate form one eddy current damper when the rotation conductor plate is cutting through the electromagnetic field, thereby dissipating the vibration energy in the form of heat. As a result, the novel cable-bracing inerter system presented herein can obtain its inertance and enhance the energy dissipation capacity via the additional damping provided by the eddy current damping. Compared to the classic ball-screw mechanism of an inerter, CBIS is cost-effective and very simple.
Inerter Element
An inerter element is a two-terminal element. The output force is proportional to the relative acceleration between two terminals and can be expressed as:
where p is the output force of the inerter element, and m d is the inertance; moreover, a 1 and a 2 are the accelerations at the two terminals of the inerter element, as depicted in Figure 2 .
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Layout of SDOF System with CBIS
The mechanical system of a CBIS consists of an additional damping element, an inerter element and a spring element. The damping element is set in parallel with the inerter element. The spring element is then connected with the paralleled inerter and damping element in a series. Figure 3 shows the layout and mechanical model of an SDOF structure equipped with a CBIS when the structure is deformed in a horizontal direction. In Figure 3 , m, c, and k are the mass, damping coefficient, and stiffness of the SDOF system, the primary structure, respectively. θ is the inclined angle of the diagonal cable; md is the inertance of the CBIS; where cd is the damping coefficient of the damping element, and kb is the stiffness of the supporting spring element. The output force of this inerter system is the resultant force of the inerter element and the eddy current damping element.
Motion Governing Equation of SDOF System with CBIS
When the structure is in a balanced state, the prestressed tension forces in both cables are T0. If the structure starts to leave the balance position by moving to the right as illustrated in Figure 4 , the diagonal cable on the right side drives the inerter to rotate clockwise. At this time, the force increment in the right cable is T  , and the force becomes T2 (T2 = T0 + ∆T). The tension in the left cable decreases ∆T and becomes T1 (T1 = T0 − ∆T).
When the structure has a positive deformation, it moves to the right with a relative displacement u(t), and the shaft and the conductor plates rotate correspondingly. We assume there is no relative 
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is the equivalent damping coefficient considering the inclined angle of the cables, where cd is the damping coefficient of the damping element, and kb is the stiffness of the supporting spring element. The output force of this inerter system is the resultant force of the inerter element and the eddy current damping element.
Motion Governing Equation of SDOF System with CBIS
When the structure is in a balanced state, the prestressed tension forces in both cables are T0. If the structure starts to leave the balance position by moving to the right as illustrated in Figure 4 , the diagonal cable on the right side drives the inerter to rotate clockwise. At this time, the force increment in the right cable is T Δ , and the force becomes T2 (T2 = T0 + ∆T). The tension in the left cable decreases ∆T and becomes T1 (T1 = T0 − ∆T).
When the structure has a positive deformation, it moves to the right with a relative displacement u(t), and the shaft and the conductor plates rotate correspondingly. We assume there is no relative In Figure 3 , m, c, and k are the mass, damping coefficient, and stiffness of the SDOF system, the primary structure, respectively. θ is the inclined angle of the diagonal cable; m d is the inertance of the CBIS; c e = c d cos 2 θ is the equivalent damping coefficient considering the inclined angle of the cables, where c d is the damping coefficient of the damping element, and k b is the stiffness of the supporting spring element. The output force of this inerter system is the resultant force of the inerter element and the eddy current damping element.
When the structure is in a balanced state, the prestressed tension forces in both cables are T 0 . If the structure starts to leave the balance position by moving to the right as illustrated in Figure 4 , the diagonal cable on the right side drives the inerter to rotate clockwise. At this time, the force increment in the right cable is ∆T, and the force becomes T 2 (T 2 = T 0 + ∆T). The tension in the left cable decreases ∆T and becomes T 1 (T 1 = T 0 − ∆T).
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The j th pair of eigenvalues are 21 j   and  2 j , and the j th fundamental angular frequency  j can be obtained as:
j j j (14) Figure 4 . Transmission mechanism of cable-bracing inerter system.
Frequency Response Function
In this section, the frequency response function of an SDOF structure with a CBIS under seismic excitation is obtained. To normalize the dynamic equation, the parameters can be defined as:
where s  and ζ are the circular frequency and the inherent damping ratio of the original SDOF structure, respectively. ξ is the additional damping ratio provided by the CBIS. Through dimensionless processing, the following parameters can be defined for designing CBIS:
where μ is inertance-mass ratio, a ratio of the inertance of CBIS to the mass of primary system. κ is the ratio of supporting spring stiffness in the horizontal direction to the primary stiffness k. When the structure has a positive deformation, it moves to the right with a relative displacement u(t), and the shaft and the conductor plates rotate correspondingly. We assume there is no relative slippage between the cable and the shaft. Considering the axial stiffness of the one-sided cable k b 0 , the forces in the right cable T 2 and the left cable T 1 are as follows:
where the rotational angle of the conductor plate is ϕ(t). As shown in Figure 5 , when the conductor plates rotate, the cable moves in its own axial direction. Thus, the angle difference ∆θ from its balance position is trivial and can be ignored. u(t) cos θ − ϕ(t)r 0 is the axial elongation of the cable. During the operation of a CBIS, the tension force difference between two cables drives the shaft to rotate and is given as:
The eddy currents cause a damping force that is proportional to the velocity of the conductive metal, which makes the eddy currents function like a viscous damper. According to the force equilibrium conditions, compatibility condition, and the layout of the system (as shown in Figure 3 ), the motion equation for this SDOF structure with a CBIS under earthquake excitations can be written as:
where u(t) is the relative displacement of the SDOF system, and the dots represent the derivative with respect to time t. a g (t) is the acceleration of the ground motion, k b is the equivalent stiffness of two cables, and it is used to replace 2k b 0 in Equation (3). The motion equation for the CBIS is written as:
where J is the moment of inertia for the inerter, and r 0 is the radius of the shaft. The conductor plate serves as a flywheel whose moment of inertia can be calculated as:
where m I is the physical mass of two conductor plates and the shaft, and R is the radius of gyration. The governing motion equation of an SDOF structure can be described as:
Therefore, Equation (7) can be expressed in matrix form as:
where M, C, K and F respectively represent the mass matrix, damping matrix, stiffness matrix and external excitation vector of the SDOF system with a CBIS. Equation (8) is converted into the state space form:
where 0={0, 0} T , A, B, X and · X are determined as:
Assume that the solution of Equation (9) has the form of:
where ψ is the eigenvector, substituting ψ= [ψ 1 ψ 2 ] T into Equation (9), whereby we obtain:
The characteristic equation can be expressed as:
The j th pair of eigenvalues are λ 2 j−1 and λ 2 j , and the j th fundamental angular frequency ω j can be obtained as:
where ω s and ζ are the circular frequency and the inherent damping ratio of the original SDOF structure, respectively. ξ is the additional damping ratio provided by the CBIS. Through dimensionless processing, the following parameters can be defined for designing CBIS:
where µ is inertance-mass ratio, a ratio of the inertance of CBIS to the mass of primary system. κ is the ratio of supporting spring stiffness in the horizontal direction to the primary stiffness k. Substituting the parameters in Equations (15)- (19) into Equation (9), the Laplace transformation of Equation (7) can be written as:
where s = iω, and A g (s) is the Laplace transformation of a g (t). U, ϕ, respectively, and they can be solved from Equation (8): 
The frequency-domain transfer function between u(t) and input excitations can be easily obtained as:
The normalized force of the CBIS is defined as F(t) = k b (u(t) cos θ − ϕ(t)r 0 )/m, which is provided by the inertial mass element and the eddy current damping element. The frequency-domain transfer function between F(t) and the input excitation is given as:
Parametric Study
In this section, parametric analyses will be performed to investigate the effects of CBIS parameters on structural seismic mitigation. The mitigation effect is represented in terms of the moduli of displacement and force frequency response function at the resonant frequency. Three arguments, namely the inertance-mass ratio µ, stiffness ratio κ, and additional damping ratio ξ, vary to study the control effect of a CBIS damper. The domain of these arguments is determined mathematically without considering practical aspects.
Analysis Index
The response of a structure at the resonant frequency is much greater than that at another frequency, so the peak value of the system's responses deserves much attention. To find out the maximum displacement response of the structure, the displacement amplification factor is referred to as the H ∞ norm and can be defined as:
where β = ω/ω s , and it can be interpreted as the normalized frequency. This index is independent of the natural circular frequency ω s of the original structure, and can be considered as a function, depending on the original structure's inherent damping ratio ζ and the CBIS parameters, µ, ξ, and κ.
Henceforth, the intention of vibration control is to minimize the displacement amplification factor in terms of the H ∞ norm for a set of optimal parameters of the CBIS.
Parametric Analysis Results
Based on the analysis indexes mentioned above, a series of numerical cases were considered. In these cases, the inherent damping ratio for the main frame ζ = 0.02 was assumed. Three inertance-mass ratios, namely, µ = 0.01, 0.1 and 1.0, were used to study the vibration control effects by continuously varying κ and ξ within specified ranges. To describe the controlling index of the SDOF with a CBIS, contour plots were illustrated with ξ on the x-axis, κ on the y-axis, and max H U (iβ) ω 2 s as the height, as shown in Figure 5 .
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When the additional damping ratios are fixed, for example ξ = 0.05, 0.1, closed contour lines can be obtained (as shown in Figure 6 ). A very low point implies that the parameter set for optimal control can always be found in the inner part of every contour. This means that optimal solutions lie within the inner part of the parametric space. When the stiffness ratio closes to 1, and the inertance-mass ratio closes to 0.1, the displacement response reaches its lowest point. In this process, the optimal additional damping ratio ξ remains unknown. Therefore, the selection of a rational parameter set for the design of CBIS based on only the displacement response is difficult. However, for many situations, the optimization will involve a recursive process in which the optimal configuration keeps updating with a prescribed additional damping ratio ξ until the mitigation effect satisfies the objective.
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Multi-Objective H2 Norm Optimum Design
Three unknown parameters can be designed optimally according to performance demands. An optimization method is proposed to achieve the desired performance levels (structure's displacement u) with low control output force (CBIS's force fd). In other words, the goal is to suppress the displacement of the structure as thoroughly as possible while minimizing the output force of the inerter system. Therefore, both the displacement response and the CBIS force should be considered in the design of this inerter system. Two dimensionless response variation ratios [32] are defined as: namely, the displacement reduction ratio, U  and the force ratio, d F  , which can be expressed as:
In these expressions, U  is the ratio of the CBIS-equipped structure's displacement, compared with the primary structure, and 
Multi-Objective H 2 Norm Optimum Design
Three unknown parameters can be designed optimally according to performance demands. An optimization method is proposed to achieve the desired performance levels (structure's displacement u) with low control output force (CBIS's force f d ). In other words, the goal is to suppress the displacement of the structure as thoroughly as possible while minimizing the output force of the inerter system. Therefore, both the displacement response and the CBIS force should be considered in the design of this inerter system. Two dimensionless response variation ratios [32] are defined as: namely, the displacement reduction ratio, γ U and the force ratio, γ F d , which can be expressed as:
In these expressions, γ U is the ratio of the CBIS-equipped structure's displacement, compared with the primary structure, and γ F d is the dimensionless force of the CBIS. σ U is the root mean square (RMS) of the output displacement response of the structure equipped with CBIS, and σ U 0 is the displacement response of the primary structure. σ F d is the force of the RMS response of the structure equipped with CBIS, and σ F d0 is the force RMS response of the original structure. H U 0 (iω) and H F d0 (iω) are the displacement and damping force (caused by the inherent damping) transfer function moduli of the original structure, respectively. The optimization of CBIS can be expressed mathematically as:
where µ, ξ and κ are decision variables, and µ min , ξ min , and κ min are the lower bounds of µ, ξ and κ, while µ max , ξ max , and κ max are the upper bounds, respectively. Multi-objective optimization (MOO) is used to find the boundary of the feasible criterion space where all optimal points lie: namely, Pareto Front (shown in Figure 8 ). On this boundary, there are many points. Based on the demanding performance, a reasonable optimization parameter for γ U ≤ 40% and the corresponding γ F d can be found. Furthermore, a set of parameters was selected for time domain analysis, as shown in Table 1 .
where μ, ξ and κ are decision variables, and min  , min  ,and min  are the lower bounds of μ, ξ and κ, while max  , max  ,and max  are the upper bounds, respectively. Multi-objective optimization (MOO) is used to find the boundary of the feasible criterion space where all optimal points lie: namely, Pareto Front (shown in Figure 8 ). On this boundary, there are many points. Based on the demanding performance, a reasonable optimization parameter for 40% U γ  and the corresponding d F γ can be found. Furthermore, a set of parameters was selected for time domain analysis, as shown in Table 1 . One of the advantages of a CBIS over a viscous element is that it can enhance the energy dissipation efficiency. The energy dissipation enhancement mechanism is described by the factor ψ [32] (shown in Table 1 ), which equals the ratio of the response mitigation of an SDOF structure with CBIS to that of an SDOF structure with a viscous element having the same additional damping coefficient as the CBIS, that is:
The degree of the energy dissipation enhancement of the CBIS can be adjusted by adding the following supplementary constraint condition to the optimization problem by:
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where ψ 0 is a constant during and the recommended range 1< ψ 0 ≤2, according to the many numerical case studies [32] . Here, ψ is 8.7517, which means that the inerter element has fully played its role, and, in the case of the same additional damping ratio, the energy dissipation efficiency of CBIS is 8.7517 times that of a purely viscous element. To illustrate the effects of CBIS on the seismic performance in the time domain, dynamic time-history analyses were conducted to further verify the design results under harmonic excitation and seismic excitations. Four seismic waves are used as external excitations-the El Centro record (1940, NS), the ground motion recorded at Tohoku University during the 2011 Tohoku earthquake (M = 9.0, PGA = 3.33 m/s 2 ), Kobe record (1995) and Chi-chi record (1999). The Tohoku wave occurred on 11 March 2011 and was part of the most powerful known earthquake in Japan. For the SDOF structure, the inherent damping ratio is ζ = 0.02. The natural period on the rigid base is 1.00 s.
Harmonic Excitation
Using the performance-based optimization results in Table 1 , the controlled and uncontrolled responses of the structure are compared under harmonic excitations. The natural frequency of the structure is 1 Hz and the frequency range of harmonic excitations is 0-3 Hz. Figure 9 shows displacement amplification factors of the uncontrolled and a CBIS-equipped SDOF structure. The peak value reduction effect is 71.75%. The response of a structure at the resonant frequency is significantly reduced by the CBIS.
under harmonic excitation and seismic excitations. Four seismic waves are used as external excitations-the El Centro record (1940, NS), the ground motion recorded at Tohoku University during the 2011 Tohoku earthquake (M = 9.0, PGA = 3.33 m/s 2 ), Kobe record (1995) and Chi-chi record (1999) . The Tohoku wave occurred on 11 March 2011 and was part of the most powerful known earthquake in Japan. For the SDOF structure, the inherent damping ratio is ζ = 0.02. The natural period on the rigid base is 1.00 s.
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Earthquake Excitation
Harmonic Excitation
Using the performance-based optimization results in Table 1 , the controlled and uncontrolled responses of the structure are compared under harmonic excitations. The natural frequency of the structure is 1 Hz and the frequency range of harmonic excitations is 0-3 Hz. Figure 9 shows displacement amplification factors of the uncontrolled and a CBIS-equipped SDOF structure. The peak value reduction effect is 71.75%. The response of a structure at the resonant frequency is significantly reduced by the CBIS. The vibration reduction effect is defined as:
Earthquake Excitation
Response of uncontrolled structure -Response of controlled structure Reduction effect = Response of uncontrolled structure 100%. (31) The results are listed in Tables 2 and 3 . The reduction effects were favorable under the El Centro wave, Tohoku wave, Kobe record and Chi-chi record. The best vibration control effects for the peak and RMS values of the acceleration responses were 52.08% and 45.71% (marked in bold), respectively. The values for the displacement responses were 55.56% and 52.50%, respectively. The vibration reduction effect is defined as:
Response of uncontrolled structure -Response of controlled structure Reduction effect = Response of uncontrolled structure 100%. (31) The results are listed in Tables 2 and 3 . The reduction effects were favorable under the El Centro wave, Tohoku wave, Kobe record and Chi-chi record. The best vibration control effects for the peak and RMS values of the acceleration responses were 52.08% and 45.71% (marked in bold), respectively. The values for the displacement responses were 55.56% and 52.50%, respectively. 
The results are listed in Tables 2 and 3 . The reduction effects were favorable under the El Centro wave, Tohoku wave, Kobe record and Chi-chi record. The best vibration control effects for the peak and RMS values of the acceleration responses were 52.08% and 45.71% (marked in bold), respectively. The values for the displacement responses were 55.56% and 52.50%, respectively. 
Ignoring the Flexibility of the Cable
To simplify the CBIS analytical model, the flexibility of the cable is neglected as shown in Figure 12 .
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To simplify the CBIS analytical model, the flexibility of the cable is neglected as shown in Figure  12 . Consider this simplified CBIS-equipped SDOF structure as a model with no connection element flexibility. The relationship between the axial deformation of the cable and the rotational angle of the shaft is expressed as:
The equation of motion for an SDOF model with a CBIS is given by:
In Equation (33),
is md, which is namely the inertance of the inerter. From Equation (33) , it can be understood that the utilization of CBIS induces the elongation of the natural period and increases the damping effect. The mass of the primary structure is affected, while the stiffness of the overall structure remains unaffected. By using the Laplace transformations, the transfer function can be easily obtained as: Consider this simplified CBIS-equipped SDOF structure as a model with no connection element flexibility. The relationship between the axial deformation of the cable and the rotational angle of the shaft is expressed as:
is m d , which is namely the inertance of the inerter. From Equation (33), it can be understood that the utilization of CBIS induces the elongation of the natural period and increases the damping effect. The mass of the primary structure is affected, while the stiffness of the overall structure remains unaffected. By using the Laplace transformations, the transfer function can be easily obtained as:
We assume a single-floor frame structure, which can usually be treated as an SDOF structure. The key parameters of the structure and the inerter system are as follows: inherent damping ratio is ζ = 0.02, the tilt angle of the cable is θ = π/4, the inertance-mass ratio is µ = 0.1, 0.2, and the damping ratio is ξ = 0.01, 0.05, 0.1. By using these parameters, the displacement amplification factor can be plotted as shown in Figure 13 . 
We assume a single-floor frame structure, which can usually be treated as an SDOF structure. The key parameters of the structure and the inerter system are as follows: inherent damping ratio is ζ = 0.02, the tilt angle of the cable is θ = π/4, the inertance-mass ratio is μ = 0.1, 0.2, and the damping ratio is ξ = 0.01, 0.05, 0.1. By using these parameters, the displacement amplification factor can be plotted as shown in Figure 13 . Figure 13 shows that inerter systems can significantly suppress the resonant response in a narrow band near the natural frequency of the primary structure but does not impact the other range of frequencies.
Conclusions
A novel inerter system for vibration control, which uses tension-only cables for translation-torotation conversion, was proposed in this paper. This device can be put into practical use with an inertia mass amplification element, enabling it to simultaneously achieve the displacement amplification effect. To study the performance of a CBIS on the seismic response mitigation of structures, the motion equations, both with and without flexibility of the cable, were derived and studied based on parametric analysis.
CBIS has the potential for seismic rapid retrofit of structures due to their easy installation and adaptive deployment. In this system, cables are used to convert translational deformation of the primary structure into the rotational motion of the fly wheels; thus, small actual mass can be amplified to large inertance by several hundred times. The proposed cable-bracing system can be adjusted for various frame configurations and design capacities. It can be installed in any direction and part of the structure as long as there exists relative deformation, not limited to horizontal vibration. This cable-bracing system uses simple connections with rapid and adjustable installation. It has the advantages of lower construction cost and easy replacement. The CBIS with a noncontacting damping mechanism shows excellent performance in the adjustable damping ratio by varying the air gap between the permanent magnet and the conductor.
The CBIS is an effective structural response mitigation device used to mitigate the response of structural systems under dynamic excitation. The peak and RMS responses of the SDOF structure were reduced after they were equipped with this system. To obtain a more rational parameter set for practical design, the demand-oriented multi-objective optimum design method is used to find the boundary of the feasible criterion space. Using the proposed method, the parameters of the CBIS can be effectively designed to satisfy the target vibration mitigation effects. Figure 13 shows that inerter systems can significantly suppress the resonant response in a narrow band near the natural frequency of the primary structure but does not impact the other range of frequencies.
A novel inerter system for vibration control, which uses tension-only cables for translation-to-rotation conversion, was proposed in this paper. This device can be put into practical use with an inertia mass amplification element, enabling it to simultaneously achieve the displacement amplification effect. To study the performance of a CBIS on the seismic response mitigation of structures, the motion equations, both with and without flexibility of the cable, were derived and studied based on parametric analysis.
CBIS has the potential for seismic rapid retrofit of structures due to their easy installation and adaptive deployment. In this system, cables are used to convert translational deformation of the primary structure into the rotational motion of the fly wheels; thus, small actual mass can be amplified to large inertance by several hundred times. The proposed cable-bracing system can be adjusted for various frame configurations and design capacities. It can be installed in any direction and part of the structure as long as there exists relative deformation, not limited to horizontal vibration. This cable-bracing system uses simple connections with rapid and adjustable installation. It has the advantages of lower construction cost and easy replacement. The CBIS with a non-contacting damping mechanism shows excellent performance in the adjustable damping ratio by varying the air gap between the permanent magnet and the conductor.
The CBIS is an effective structural response mitigation device used to mitigate the response of structural systems under dynamic excitation. The peak and RMS responses of the SDOF structure were reduced after they were equipped with this system. To obtain a more rational parameter set for practical design, the demand-oriented multi-objective optimum design method is used to find the boundary of the feasible criterion space. Using the proposed method, the parameters of the CBIS can be effectively designed to satisfy the target vibration mitigation effects.
The vibration mitigation effect of an SDOF structure with the inerter system was analyzed in this paper. Future research will explore its application to multi-degree of freedom structures. Currently, a physical realization of the CBIS has been developed, and experimental verifications, including free vibration and shaking table tests, are underway.
